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Abstract: Infrared refractive index is an indispensable parameter for various fields including
infrared photonics. To date, critical-angle refractometers, V-block refractometers, and spectroscopic ellipsometry have been commonly used to measure the refractive index. Although
every method has an accuracy of four decimal places for the refractive index, a measurable
wavelength region is limited up to about 2 µm. In this study, we demonstrated a metamaterial
infrared refractometer for determining broadband complex refractive index. Using the device,
a broadband (40–120 THz; wavelength 2.5–7.5 µm) and high-precision(< 5 ×10−3 ) complex
refractive index of polymethyl methacrylate was measured for the first time.
© 2019 Optical Society of America under the terms of the OSA Open Access Publishing Agreement

1.

Introduction

“Infrared refractive index” is an indispensable parameter in various fields, including infrared
photonics [1–4]. However, there is no accurate method to measure the infrared refractive index
(refractive index) in the mid / near-infrared broad region (approximately 2–10 µm). At present,
critical-angle refractometers and V-block refractometers are commonly used to measure the
refractive index in the visible frequency range [5]. In addition, spectroscopic ellipsometry
have been commercialized for measuring near-infrared refractive index [6–7]. Each refractive
index measurement method has some advantages, and it is necessary to select an appropriate
measurement method depending on the application. Although every method based on the
determination of the critical angle of total reflection has an accuracy of four decimal places
of the refractive index, a measurable wavelength region is limited up to approximately 2 µm
because light scattering is quite large in the infrared band. A performance comparison table with
conventional technologies is shown in Table 1.
In this study, we have demonstrated a metamaterial infrared refractometer (MMIR) for
determining broadband complex refractive index. A schematic image of the measurement
method is shown in Fig. 1. After the liquid sample to be measured is dropped on a metamaterialloaded optical window (liquid samples to be measured include solid samples dissolved in
solvent), the transmission characteristics are measured using an existing Fourier transform
infrared spectrophotometer (FTIR) (for example, Spotlight 400 [8], LUMOS [9], AIM-9000 [10],
etc.). The data obtained are rapidly analyzed to obtain the broadband complex refractive index
(refractive index and absorption coefficient) of the sample.
Infrared refractive index measurement using a metamaterial-loaded optical window has the
following advantages compared with commercially used refractometers [11–14]. Each feature is
described in the following sections.
• Highly sensitive measurement of complex refractive index is possible in ultra-wide band
from the near- to mid-infrared region.
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Table 1. Performance comparison of various refractometers.
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Fig. 1. Concept of metamaterial infrared refractometer for detecting broadband complex
refractive index of liquid material.

• Accurate measurement can be realized even if the sample is extremely small (measurable
using a single droplet of liquid sample)
The concept of the MMIR is described in Section 2, and the theoretical analysis of the metamaterialloaded optical window to be used in the experiment is described in Section 3. Finally, using the
developed MMIR, the broadband (40–120 THz; wavelength 2.5–7.5 µm) and high-precision
complex refractive index of polymethyl methacrylate (PMMA) was measured for the first time
(Section 4).
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Refractive index measurement method using optical metamaterials

2.1.

Outline of measurement method

Unlike critical-angle refractometers and V-block refractometers, the proposed measurement
method derives the refractive index from the frequency response of the electromagnetic wave
transmitted through the metamaterial-loaded optical window.
The MMIR has an infrared transparent BaF2 optical window with various metamaterial arrays
resonating at a specific frequency (see Fig. 2). The number of array regions 50 or more, but only
nine arrays are shown in Fig. 2. Here, the resonance frequency of each region changed gradually
on changing the shape of the metamaterial. In this study, we used the standard C-shaped split
ring resonator (SRR) array [15–20] as the metamaterial. Although the Q factor of C-shaped
SRR is not high, the resonance frequency can be represented by a form similar to the analytical
solution because an individual SRR mimics a simple RLC circuit. The above features make it
easy to initialize MMIR (see Section 3 for details).
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Fig. 2. Schematic of infrared refractometer using BaF2 optical window with various
metamaterial arrays.

The incident light transmission spectrum of each region is measured using an existing FTIR
microscope (Shimadzu AIM-9000), as shown in Fig. 2(b). Generally, if the incident light has a
frequency close to the resonance frequency, magnetic interactions occur between the light and
metamaterials. When the filling metamaterial is surrounded with an appropriate liquid sample,
metamaterial response changes depending on the complex refractive index (i.e., refractive index
and absorption coefficient) of the sample. In particular, the following changes are observed in the
transmission spectrum of the incident light.
(i) Frequency shift
A shift of energy attenuation frequency accompanying the resonance of metamaterials,
which is dominated by the refractive index of the liquid sample in the vicinity of the target
frequency.
(ii) Intensity change
A change in energy attenuation accompanying the resonance of metamaterials, which is
dominated by the absorption coefficient of the liquid sample in the vicinity of the target
frequency.
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Measurement process

As stated in Section 2.1, we first prepare a BaF2 optical window with various metamaterial arrays
resonating at a specific frequency. The procedure for measuring the infrared refractive index by
using this chip is as follows:
A. We determine the resonant frequency ω1 of the metamaterial-loaded BaF2 optical window
through FTIR spectroscopy, corresponding to the frequency at which the transmission
intensity is minimum (Fig. 3(a)).
B. A characteristic equation* of the metamaterial-loaded BaF2 optical window (i.e., the
refractive index around the metamaterial versus the resonant frequency) is determined
from the results (Fig. 3(b)).
*The characteristic equation is formulated by setting the resonance frequency and the
refractive index around the metamaterial as a parameter of a function. The parameters are
derived from the results of finite element analysis of metamaterials of various sizes. The
optical antenna is initialized in accordance with steps A and B. Then, the influence of the
manufacturing error can be eliminated. Details are shown in section 3.2.
C. The liquid sample to be measured is dropped on the BaF2 optical window and a similar
measurement is performed to determine the resonance frequency ω of the metamaterial
(Fig. 3(c)).
D. By comparing the obtained resonance frequency ω with the characteristic equation derived
in step B, it is possible to estimate the refractive index of a measuring sample at a specific
frequency (Fig. 3(d)).
E. The broadband infrared refractive index of the sample can be obtained by repeating the
procedures from A to D for all antenna arrays. Finally, the broadband absorption coefficient
can be derived by applying Kramers–Kronig relations [21] to the obtained refractive index
profile (Fig. 3(e)).
By using the above algorithm, the MMIR can obtain an accurate broadband complex refractive
index in a short time as compared with other plasmonic or metamaterial refractive index sensors
[22–29].
3.

Derivation of metamaterial-loaded transmission window used in MMIR

A procedure to measure the infrared complex refractive index using the MMIR is shown in Section
2.2. This procedure requires characteristic equations of the metamaterial-loaded BaF2 window
for device initialization. In this section, we derive the approximate characteristic equations used
for the MMIR.
3.1.

Analysis model of metamaterial-loaded transmission window

The transmission characteristics of the metamaterial-loaded BaF2 window, which is shown in
Fig. 2, were estimated using COMSOL Multiphysics based on the finite element method (FEM)
[30]. In the simulation, we calculated the electromagnetic field over a cubic unit cell consisting
of one gold C-ring array and measured the liquid sample on the BaF2 substrate. A unit cell
(calculation area including the minimum constituent element) was set to twice the length of the
dimensional parameters l (for l, see Fig. 2) of the C ring in the x and y directions and 400 nm in
the z direction (BaF2 : 200 nm, measuring liquid sample: 200 nm). The conductivity of gold was
defined using the Drude model with the scattering frequency of the bulk metal [31]. In the unit
cell, the Perfect Electric Conductor (PEC) boundary condition was set on the plane perpendicular
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Fig. 3. Procedure of metamaterial infrared refractometer. Transmittance spectrum and
characteristic curve (a)(b) w/o and (c)(d) w/ sample to be measured. (e) Broadband complex
refractive index of the sample.

to the incident electric field, and the Perfect Magnetic Conductor (PMC) boundary condition was
set on the plane perpendicular to the incident magnetic field.
Figure 4 shows an example of the simulated transmission spectra of liquid samples on the
metamaterial-loaded BaF2 window, when the polarization direction of the excitation light is
perpendicular to the gap. In this simulation, we took the ratio of the transmission intensity of
liquid samples on the BaF2 windows w/ and w/o metamaterials. This condition was similar
to that used in the measurement. As shown in Fig. 4(a), the transmission intensity varies with
the magnitude of LC resonance and is minimum at the resonance frequency. The resonance
frequency decreases with an increase in the refractive index of the liquid sample. On the other
hand, as shown in Fig. 4(b), the transmission spectra exhibited stronger and sharper resonance
with a decrease in the absorption coefficient of the liquid sample. From the above discussion,
as the resonance frequency shift caused by the absorption coefficient of the liquid sample is
extremely small, the refractive index of the liquid sample can be derived by observing a change
in the resonance frequency.
We changed the dimensional parameter l of the C ring by 2 nm (For l, see Fig. 2) and made a
characteristic table that shows the refractive index of the measuring liquid sample as a function
of the resonance frequency. Figure 5 shows some of the results, where the value of l of the C
ring varies from 150–600 nm in increments of 50 nm. According to these data, we determine an
approximate characteristic equation.
3.2.

Derivation of characteristic equation

The characteristic equation ω(n) for the initialization of MMIR must be an approximate expression
that passes through all points in the accurate characteristic table shown in Section 3.1.
As described in Section 2.3, in this study, we used a standard C-ring metamaterial to which
the RLC circuit model is easy to adapt.
The resonance frequency of the C-ring metamaterial can
√
be expressed in the form ω = 1/ aε [32], where a is a constant and ε is the dielectric constant
around the ring. Because the material around the ring is composed of the measuring liquid
sample and BaF2 , the resonance frequency ε can be given by the following equation:
p
p
ω = 1/ Aε + BεBaF2 = 1/ An2 + BnBaF2 2 ,
(1)
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Fig. 4. One example of simulated transmission spectra of liquid samples on the metamaterialloaded BaF2 window, when the polarization direction of the excitation light is perpendicular
to the gap. (a) Refractive index of measuring liquid sample is a parameter. (b) Absorption
coefficient of measuring liquid sample is a parameter.
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Fig. 5. Characteristic data that shows the refractive index of measuring liquid sample as a
function of the resonance frequency, where l of the C ring is in the ranges of 150–600 nm in
increments of 50 nm.

where ε and εBaF2 are the dielectric constants of the measuring liquid sample and BaF2 ,
respectively. n and nBaF2 are the refractive indices of the measuring liquid sample and BaF2 ,
respectively.
In the initialization process described in Section 2.2, the characteristic equation ω(n) of the
metamaterial-loaded BaF2 window must be derived only with the resonance frequency ω1 in
air (see Fig. 3(b)). In other words, A and B in Eq. (1) need to be functions dependent only on
ω1 . Considering the above, the approximate characteristic equation ω(n) should be given by the
following form:
p
ω(n) = 1/ A(ω1 )n2 + B(ω1 )nBaF2 2 ,
(2)
Using Eq. (2) and the literature value of nBaF2 [33], the approximate characteristic equation ω(n)
was derived by machine leaning fitting with the accurate characteristic table shown in Section
3.1. As a result, A(ω1 ) and B(ω1 ) are given by
A(ω1 ) = 0.040ω1 −1.925 ,

(3)
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B(ω1 ) = 1.970ω1 −2.063 .

(4)

The characteristic equation ω(n) can be obtained by substituting the resonant frequency of the
metamaterial array w/o PMMA for ω1 in Eqs. (2)–(4). As shown in Fig. 6, it was found that the
curves represented by the characteristic equation passed through all the plots calculated by the
FEM.
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Fig. 6. Comparison of the curve derived by characteristic equation ω(n) and the accurate
data calculated by the FEM.

We investigated the errors between the refractive index ncc (ω) of the measuring sample derived
by the characteristic equation ω(n) and the accurate refractive index nFEM (ω) calculated by the
FEM. The error ∆n can be given by
s

1
1
∆n = ncc − nFEM =
− B(ω1 )
− nFEM (ω).
(5)
2
A(ω1 )
ω
Figure 7 shows the color plot of the result |∆n|. The dimensional parameter l of the C ring was
varied from 150 nm to 600 nm in increments of 2 nm. As shown in Fig. 7, it was found that the
average error was 2.649×10−3 . In addition, errors were within 1.5% compared with the accurate
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Fig. 7. Comparison of errors between the accurate characteristic curve (i.e., the refractive
index around the metamaterial versus the resonant frequency) calculated by FEM and the
approximate curve derived from an RLC circuit model.
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results calculated by FEM, which means that the sensitivity of this measurement method is less
than 1.5%.

4.

Derivation of refractive index and absorption coefficient using PMMA

The developed MMIR was applied to PMMA, and we derive the complex infrared refractive
index of PMMA from 40 to 120 THz.
4.1.

Fabrication of metamaterial-loaded transmission window

A metamaterial-loaded transmission window for the MMIR was prepared initially. To fabricate the
metamaterial-loaded transmission window, an infrared transparent BaF2 wafer (ϕ 20 × 0.5 mm)
was used as a starting substrate. After that, a PMMA resist layer with charge-dissipating agent
was first spin-coated onto the BaF2 wafer. Following spin coating, electron beam lithography
(EBL) was used to deposit the desired ring array pattern onto the resist. Thereafter, a Ti layer
(10 nm thickness) and an Au layer (40 nm thickness) were deposited by using electron beam
deposition. Finally, a ring array comprising the Ti–Au bilayer was developed using a lift-off
process.
Figure 8 shows the optical microscope image of the metamaterial-loaded transmission window
fabricated with the above process, where more than 50 array regions with different resonance
frequencies were prepared on the same BaF2 wafer (nine array areas of those can be seen in
Fig. 8). Figure 9 shows the scanning electron microscope (SEM) images of a specific area of the
200×200 nm C-ring array. The dimensions of the individual C-ring were designed to address the
fundamental aspects of the resonance frequency shift at infrared frequencies. In this study, the
dimensional parameters l of the C ring were in the ranges of 150–600 nm in increments of 50
nm, and the ring width a was fixed at 30 nm (for l, w, and a, see Fig. 2). Introducing the above
metamaterial-loaded transmission window to the MMIR, the complex infrared refractive index
of PMMA was measured.

Fig. 8. Optical microscope image of metamaterial-loaded transmission window.

4.2.

Complex infrared refractive index measurement of PMMA

We measured the complex infrared refractive index of PMMA with the MMIR consisting of
conventional Fourier transform infrared spectrometer (IRTracer-100 and AIM-9000, Shimadzu
Corp.) and the prepared metamaterial-loaded transmission window. In this study, we used a
PMMA resist consisting of the polymer itself dissolved in anisole (4% in anisole). After coating
metamaterial-loaded transmission window with the PMMA resist, the anisole was removed by
baking process.
An example of the transmission spectra of the metamaterial-loaded transmission window with
360×360 nm C-ring arrays is shown in Fig. 10(a). In this measurement, to clarify the effect
of interaction, we took the ratio of the transmission intensity of the experimental device (with
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Fig. 9. Scanning electron microscope images of the 200×200-nm C-ring array in a specific
area of metamaterial-loaded transmission window.

C-ring array) and that of the control device (without C-ring array). For incident light with an
electric field vector perpendicular to the SRR gap, the transmission minima for the LC resonance
is observed in the infrared range.
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Fig. 10. (a) One example of the transmission spectra of the metamaterial-loaded transmission
window with 360×360-nm C-ring arrays. (b) Refractive index of the measuring liquid
sample as a function of the resonance frequency induced by the characteristic equation. (c)
Enlarged view of Figs. 10(a) and 10(b) near the resonance frequency.

When PMMA was coated on the metamaterial-loaded transmission window, a clear red shift
of the resonance caused by the change in the refractive index is observed, which is consistent
with what we confirmed in the simulation described in Section 3. With the transmission data
obtained from each metamaterial array, the refractive index of PMMA at a specific frequency
was derived according to the steps A-D described in Section 2.2. Specifically, the refractive
index of PMMA at a specific frequency was obtained by substituting the resonant frequencies
of the C ring w/o and w/ PMMA for ω1 and ω(n) in Eq. (1), respectively. One example is
shown in Figs. 10(b). As a result, the refractive index of PMMA at a frequency of 82.16 THz
was derived to be 1.420. The broadband complex refractive index of PMMA was obtained
by repeating the above procedures for all metamaterial arrays. The graph that appears to be
linear in Fig. 10(a) is actually a collection of plots for each measurement frequency. Therefore,
the vicinity of the resonance frequency (ω(n)) of the green line (w/ PMMA) in Fig. 10(a) is
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enlarged as shown in Fig. 10(c). The resonant frequency lies between the adjacent data plots
because it is monotonically decreasing / increasing up to the resonant frequency. When the
frequency difference with the adjacent plot is replaced with the refractive index difference in the
characteristic curve, ∆n = 1.6×10−3 , and the measurement error falls within this range. For all
the plots shown after this, the maximum value of ∆n is 2.9×10−3 . The accuracy of the MMIR is
finally determined by the frequency resolution of the spectrometer (a higher Q factor of C-shaped
SRR is also desirable, but at present stage it seems to be sufficient as can be seen from Fig. 10).
Figure 6 suggests that higher measurement accuracy is required at lower frequencies. However,
as shown in Fig. 10(c), the frequency resolution of the spectrometer is sufficient even when
measuring on the low-frequency side. Therefore, the above fact is not problematic.
Using the broadband infrared refractive index of PMMA obtained by the method as described
above, the broadband absorption coefficient was derived using Kramers–Kronig transformation.
Figure 11(a) shows the frequency dependence of the complex refractive index of PMMA measured
using the MMIR. As a result, we succeeded in obtaining the complex refractive index of PMMA
from 40 to 120 THz (the literature value of the refractive index of PMMA from 180 THz or more
is shown in [34]).
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Fig. 11. Frequency dependence of the complex refractive index of PMMA measured by
MMIR. The absorption spectrum measured by FTIR is also shown.

In general, it is known that the complex refractive index is largely fluctuated in the vicinity of
a frequency where molecular vibration occurs. Comparing the absorption spectrum measured by
FTIR spectroscopy (see Fig. 11(b)), it was confirmed that the complex refractive index fluctuated
in the absorption region accompanying molecular vibration. In particular, it was found that the
refractive index fluctuated at frequencies of 55 THz and 75 THz where C = O and C-H vibrations
were excited.
5.

Conclusion

‘Infrared refractive index’ is an indispensable parameter in various fields, including infrared
photonics. Against that background, it is important to accurately know the infrared complex
refractive indices of materials. However, the measurable wavelength limit of conventional
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refractometers such as critical-angle refractometers, V-block refractometers, and spectroscopic
ellipsometry are approximately 2 µm.
In this study, we developed an MMIR operating with just a single droplet of liquid sample.
The device consists of a conventional FTIR spectrometer and a metamaterial-loaded BaF2 optical
window. Using the device, we succeeded in measuring broadband (40–120 THz; wavelength
2.5–7.5 µm) and high-precision (< 5 ×10−3 ) complex refractive index of PMMA for the first time.
A comparison of the absorption spectrum with the refractive index of PMMA itself indicated
that the obtained refractive index considerably fluctuated in the vicinity of a certain absorption
frequency because of molecular vibration.
Table 1 shows performance comparison between the MMIR and other commercially used
refractometers. In Table 1, the measurable wavelength range of the MMIR shows a maximum
range of 1300 nm-20 µm, not the actual measurement range 2.5–7.5 µm. The measurable
wavelength on the long-wavelength side is determined by the measurement limit of the Fourier
transform infrared spectrometer. On the other hand, the measurable wavelength on the shortwavelength side is limited by fabrication limit (i.e. size limit) of the metamaterials. Considering
the fabrication limit of C-shaped SRRs, the operating wavelength range is limited to 1300nm [35].
The measurable wavelength range on the short-wavelength side can be expanded by advances in
metamaterial fabrication technology.
We have shown that refractive index measurement using metamaterials is possible over a wide
band, and a complex refractive index can be obtained from detected broadband refractive index
data. The results in this paper show that the range of material available for infrared photonics
will be broadened, which will further advance this field.
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